gar than that of Ringel. Since then many classes of trees (e.g. paths, caterpillars, symmetrical trees, olive trees) as well as many classes of other graphs (e.g. wheels, prisms, cycles with a chard) were shown to be graceful, however, the Rosa conjecture still remains a conjeoture. For more details and further references the reader is referred to the survey papers by Bermond [l] and Bloom [2] * In this paper we exhibit some classes of graceful unicyolio graphs; among other things all dragons are shown to be graceful.
2, Let us start with the following theorem.
Theorem

1.
Let G and H be graphs with disjoint sets of vertices. Assume that G is graceful, veV(G) being its base under some graceful numbering g, H is a-graoeful, we 7(H) being its base under some a-graceful numbering h. Then the graph F obtained by identifying v and w in GuH is graceful* Proof. Define V 1 = {x 6 7(H): h(x)4k} and V 2 = = {xe V(H): h(x)>k}, where k is an integer guaranteed by the definition of a-graceful numbering. Clearly and 7 2 are independent sets of vertices of Ii. Put r^ = max{h(x) tx e 7^} and r 2 = minjh(x): xe7 2 }-. We have r^+1 = r 2 since otherwise no edge in H would have 1 as its value. Define a numbering f on 7(F) as follows:
First notice that f is well defined since r^gfv) = r^ = -r.j-hiw). It is clear that f is a one-to-one function and for every XC7(F) 0 4 f (x)e(G)+e(H) = e(F). Moreover, one can easily see that if e &£(G) then f(e) = g(e) and if e e B(H) then f(e) = e(G) + e(H) + 1 -h(e). Figure 1 By a dragon D^fm) we mean the graph obtained by identyfying a vertex of the oyole C^ (i.e. the cycle of k vertices) with a pendant vertex of the path P m+1 (i.e. the path of m+1 vertices), and by S^lm) we mean the graph obtained by identifying a vertex of C^ with the vertex of degree m in the star K(l,m). Corollary 2. Let H be a caterpillar and let v t v(H) be the base of H under some cx-graoeful numbering. (Caterpillars were shown to be a-graceful by Rosa [7] ). Then the graph obtained by identifying in k s 0, 3(mod 4), v and an arbitrary vertex of C^ is graceful.
Proof. Rosa [7] proved that if k = 0, 3(mod 4) then C k is graceful and clearly every vertex is its base under soma graceful numbering. Hence the assertion follows from Theorem 1. Proof. Roea proved that every vertex of degree 1 in the path P m+ .j is its base under some cx-graceful numbering of P m+1 » and so the result follows from Corollary 2. Corollary 4. S k (m), k >3, is graceful. Moreover, the only vertex of S k (m) of degree m+2 is a base of it.
Proof. For k s 0,3(mod 4) the assertion follows from Corollary 2 since K(l,m) is a oaterpillar and there is an a-graceful numbering of its vertices in which the vertex of degree m receives 0 (see Figure 2) .
So assume now that k = 1,2(mod 4). Suitable numberings of S k (l) are shown in if n is even we leave to the reader the simple, but rather lengthy proof that the functions defined fulfil the requirements of the assertion« We are ready to continue the proof of the theorem. In the sequel 7 and S will stand for the set of vertices and the set of edges of D^fm), respectively. We split our reasoning into five casest 1. k -4p+1, m^2p or m is odd. Figure 10
We conclude the paper with the oonjecture, supported by the variety of graceful unicyclic graphs exibited here, that all unicyclic graphs except cycles C n , n = 1,2(mod 4), are graceful. There are also another examples supporting this conjecture, e.g. cycles with an edge leading to a vertex of degree 1, attaohed to each of their vertices. These unicyclic graphs were shown to be graceful by Frucht [4] *
